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We propose a construction of an outer measure on a commutative ring R with identity,
similar to standard constructions, but using prime ideals as covering sets.

Let P ⊆ Spec(R) be a family of prime ideals such that⋃
P = R \R×,

where R× is the set of invertible elements of R, and let µ be a measure on P. The outer
measure µ∗ : 2R −→ [0,+∞] induced by µ is defined by

µ∗(A) = inf
S∈Ω(A)

µ(S),

where
Ω(A) =

{
S ⊆ P : S is µ-measurable,

⋃
S ⊇ A \R×

}
.

In the talk, we will prove several properties of µ∗ and provide a few examples related to
algebraic geometry, functional analysis and number theory. (This is a joint work with
Marcin Skrzyński).
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